MOSER ITERATION APPLIED TO ELLIPTIC PROBLEMS WITH CRITICAL
GROWTH ON THE BOUNDARY

We study the boundedness of weak solutions to the following problem
−div A(x, u, ∇u) = B(x, u, ∇u)
in Ω,
A(x, u, ∇u) · ν = C(x, u)

on ∂Ω.

(1)

Here Ω ⊂ RN , N > 1, is a bounded domain with a Lipschitz boundary ∂Ω, while ν(x) denotes the
outer unit normal of Ω at x ∈ ∂Ω. Moreover, A, B and C are Carathéodory functions that have a
critical growth. Using a modified version of Moser’s iteration which in turn is based on the books [1]
and [4] we prove that every solution u ∈ W 1,p (Ω) of (1) is actually in L∞ (Ω).
In the last part we generalize problem (1) to the following system
− div A1 (x, u, ∇u) = B1 (x, u, v, ∇u, ∇v)

in Ω,

− div A2 (x, v, ∇v) = B2 (x, u, v, ∇u, ∇v)

in Ω,

A1 (x, u, ∇u) · ν = C1 (x, u, v)

on ∂Ω,

A2 (x, v, ∇v) · ν = C2 (x, u, v)

on ∂Ω,

(2)

in which the functions Ai , Bi , and Ci still have critical growth. Through the same technique as before
we are able to prove that any weak solution to (2) is in L∞ (Ω) × L∞ (Ω).
The talk is based on the works [2, 3].
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